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Visual motion is processed by neurons in primary visual cortex that are sensitive to the spatial
orientation and speed of the visual input. Many models of local velocity computation are based on a
second stage that pools the outputs of first-stage neurons selective for different orientations, but the
nature of this pooling remains controversial. In a psychophysical detection experiment, we find that
human subjects show near-perfect summation of image energy when it is distributed uniformly
across all orientations, but poor summation when it is concentrated in specific orientation bands.
The data are consistent with a model that integrates uniformly over all orientations, even when this
strategy is sub-optimal.

When a person moves relative to the environment, the visual image projected onto the retina changes
accordingly. Within small regions of the retina and for short durations this motion is commonly ap-
proximated as a two-dimensional translation. The field of velocity vectors associated with each such
region is referred to as “optic flow”. Physiological and psychophysical experiments have established
that the mammalian cortex contains mechanisms sensitive to local image motion.1 These mechanisms
are generally considered to form the neural substrate for representing optic flow.

Neurons in primary visual cortex perform the first stage of cortical motion processing. They are selec-
tive for both the spatial orientation and speed of the visual input within a spatially localized region.
Because of their orientation specificity, however, these neurons suffer from an ambiguity commonly
known as the “aperture problem”: Each neuron can only signal the speed of motion perpendicular to
the orientation to which it is tuned.2 The neural responses are insensitive to the velocity component
parallel to this orientation. Many authors have suggested that a second stage of processing, commonly
identified with visual area MT, computes an unambiguous representation of local pattern velocity by
selectively combining the outputs of the first-stage detectors.2–5 While such an integration stage ap-
pears to be consistent with much of the psychophysical and physiological data, the precise form of
the combination rule remains unclear. This paper describes psychophysical experiments designed to
compare the predictions of a number of hypothetical combination rules.

The simplest combination strategy is to integrate the responses of all those first-stage mechanisms con-
sistent with a particular two-dimensional velocity.2 It is convenient to describe this construction in the
three-dimensional spatio-temporal frequency domain, where the spectral energy of a rigidly translat-
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ing image is concentrated on an oblique plane (Fig. 1a–b). The orientation of this plane uniquely spec-
ifies the translational velocity (both speed and direction) of the luminance pattern.6 It is well known
that the first-stage motion detectors in the mammalian visual system can be described as comput-
ing the spectral energy within limited bands of spatio-temporal frequency.7 Thus, a pattern-velocity
detector may be constructed by summing the weighted outputs of first-stage mechanisms tuned to
spatio-temporal frequency bands that lie on a common plane8–10 (Fig. 1c). The population response
of a family of detectors built in this way can determine the presence and velocity of local translating
patterns, and the responses of individual detectors are well matched to the behaviors of a subset of
neurons in visual area MT.10

Alternatively, the visual system could use an adaptive integration rule, selectively combining only
those first-stage that are tuned to the spatial structure of the image. For example, one type of model
makes initial robust estimates of the components of a pattern by selecting those detectors that are re-
sponding to the stimulus while ignoring those responding to noise.11 These one-dimensional estimates
are then combined to produce an estimate of the two-dimensional pattern velocity that is most consis-
tent with the measured one-dimensional velocity components. In general, such adaptive pooling rules
will produce more efficient motion detectors than fixed pooling rules because the detector is better
matched to the signal. Human observers have been shown to adapt their spatial pooling to improve
the detection of static images.12 Thus, it is plausible that they may do the same for moving images.

In this paper, we describe a set of psychophysical detection experiments designed to rigorously test
the predictions of three models for pooling of spectral energy: (1) a planar power detector, that sums
the signal energy over all orientations in a fixed planar region of spatio-temporal frequency, (2) an
adaptive planar power detector, that sums energy only over those regions of a plane containing the
signal, and (3) an adaptive unrestricted power detector, that can sum energy over arbitrary regions
of spatio-temporal frequency. Experimental stimuli were constructed by summing dynamic random
noise patterns that were band-limited using spatio-temporally oriented filters analogous to those used
to describe first stage motion mechanisms. Each of the three models makes distinct sub-threshold sum-
mation predictions for the detection of such stochastic signals embedded in white noise. The planar
power detector predicts optimal summation performance when signal energy is distributed uniformly
over all spatial orientations in a plane. But this model predicts suboptimal performance when the sig-
nal energy is concentrated in a subset of planar orientation bands, or distributed over non-coplanar
regions of spatio-temporal frequency, since the model sums both signal and noise in these cases. Sim-
ilarly, the adaptive planar power detector predicts optimal performance for any signal whose energy
is concentrated in a plane, regardless of orientation content, but sub-optimal performance for stim-
uli composed of non-coplanar distributions of signal energy. Finally, the adaptive unrestricted power
detector predicts optimal performance for any distribution of signal energy, with no improvement in
performance for planar distributions.

Results

In a first experiment, we tested these predictions by measuring detection thresholds for three types
of spatially localized stochastic signals embedded in white noise. Signals were generated by filtering
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Fig. 1: A translational motion detector. (a) Space-time luminance pattern of an image translating to
the right. This is a representation of the intensity information in the retinal image (the x- y plane)
over time (t). The rightward motion can be inferred from the oriented pattern on the x-t face. (b) The
Fourier amplitude spectrum of the luminance pattern, represented by the intensity of points in a three-
dimensional spatio-temporal frequency domain. Non-zero Fourier amplitudes are constrained to lie on
a plane through the origin. The orientation of this plane uniquely specify the direction and speed of
translation. (c) Construction of a translation detector,10 illustrated in the Fourier domain. Pairs of balls
symmetric about the origin indicate the Fourier amplitude spectra of band-pass filters whose peak fre-
quencies lie in the plane. A translation detector can be constructed by summing the squared outputs of
such filters.

spatio-temporally white noise with different sets of band-pass filters. “Component” stimuli (Fig. 2a)
had spectral energy confined to a single pass-band. “Plaid” stimuli (Fig. 2b) had two component
bands on the same plane. “Planar” stimuli (Fig. 2c) were constructed using a set of component filters
arranged in an annular ring on an oblique plane (designed so that the signal energy was uniformly
distributed over an annulus in the plane). A two-alternative forced choice task was used to measure
detection thresholds for each of the three stimuli. Stimuli were presented in two consecutive intervals,
one containing the signal added to broad-band white noise and the other containing white noise alone.
Subjects were asked to judge which interval contained the signal. Thresholds were estimated by fitting
a psychometric function to the data and selecting the contrast energy that produced 81.1% detectabil-
ity. Different stimulus types were presented in distinct experimental sessions, and subjects were told
which stimulus type was being used. Prior to data collection, subjects were given several hours prac-
tice for each stimulus type over the course of several days until performance saturated. Further details
are given in the methods section at the end of the paper.

In order to compare detection performance across stimuli, we assume that performance for the com-
ponent stimulus reflects the detection efficiency of a band-limited, first-stage motion energy detector
mechanism (The component signal has a bandwidth similar to the psychophysically optimal band-
widths found by Watson and Turano13). Specifically, we assumed a signal detection model in which
subjects were assumed to make detection judgments for the component stimulus based on the output
of a filter matched to the component signal, with the output corrupted by additive internal noise. The
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Fig. 2: Filter sets and examples of their corresponding signals. The top row depicts level surfaces (65%
of peak response) of the three different filter sets used to generate stimuli. The bottom row depicts
space-time luminance patterns of signals produced by passing spatio-temporal Gaussian white noise
through the corresponding filter sets. (a) The “component” stimulus, constructed from a spatially and
temporally band-pass filter. The x-y face of the stimulus shows structures that are spatially band-pass
and oriented along the x axis. The orientation of structures on the x-t face indicates rightward motion.
(b) The “plaid” stimulus, constructed from two “component” filters lying in a common plane. The x-y
face of the stimulus shows a mixture spatial of spatial structures with dominant orientations close to the
y axis. (c) The “planar” stimulus, constructed from a set of 10 “component” filters lying in a common
plane. The stimulus is spatially band-pass and isotropic (x-y face), and exhibits rightward motion (x-t
face).

internal noise embodies the added uncertainty created by neural noise, filter/signal mismatch and
central decision noise. We computed an estimate of the internal noise by comparing subjects’ thresh-
olds with that of an ideal observer for the component stimulus. Assuming that the internal noise is
approximately constant across all stimulus conditions, we derived optimal summation predictions for
the plaid and planar stimuli. These predictions reflect the performance of ideal observers that sum
energy only over the spatio-temporal frequency bands containing the signal in a stimulus and are cor-
rupted by a constant level of internal noise (such a model gives the commonly cited “square-root law”
for contrast summation).

Figure 3a shows subjects’ detection thresholds for the component, plaid and planar stimuli. The heavy
black lines on the plaid and planar plots show the predictions of ideal summation derived from the
component data. The plaid data show little or no summation, while thresholds for the planar stimulus
fall well within the range predicted by perfect summation. Figure 3b shows an alternative character-
ization of the results. We have plotted subjects’ detection efficiencies for each of the three types of
stimuli. Detection efficiencies are computed by comparing subjects’ detection thresholds with that of
ideal observers optimally tuned to the signals contained in the stimuli (note that the ideal observers are
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Fig. 3: (a) Detection performance of three subjects for the three stochastic signals of Fig. 2. Threshold
signal to noise ratio (SNR) for 81.1% detectability. SNR is calculated as the ratio of the signal power to the
background noise power. Heavy black lines indicate predictions for ideal summation, derived from the
component condition thresholds. (b) Detection efficiencies for the three stimulus types. Efficiencies are
plotted in proportions, with 1.0 reflecting perfect performance; that is, performance matching that of an
ideal observer tuned to the structure of the signal in the stimulus (different for each stimulus type). The
differences between the efficiencies of the pattern stimuli (plaid and planar stimuli) and the component
stimulus provide a quantitative measure of summation of the pattern’s components.

different for each of the three stimulus types). Efficiency provides a measure of the fraction of stimulus
information effectively used by subjects in performing the detection task. Because perfect summation
is ideal for these experiments, efficiency is also a measure of summation. The fact that detection effi-
ciencies for the plaid stimulus were significantly lower than detection efficiencies for the component
stimulus reflects the poor summation shown for the plaid. Conversely, the fact that detection efficien-
cies for the planar stimulus were equal to detection efficiencies for the component stimulus reflects the
nearly optimal summation found for the planar stimulus.

Of the three detection models presented earlier, the data are clearly most consistent with the planar
power detector model. The experiment, however, only compared summation performance for two
types of ”pattern” stimuli. In order to further test the model, we ran a second experiment, motivated
by the observation that the planar power detector model predicts progressively improved summation
when signal energy is distributed more broadly across spatial orientations in a plane, but not when
energy is distributed out of a plane. We generated a new set of stochastic signals to test this prediction.
Signals for the stimuli were created by passing spatio-temporal white noise through three configura-
tions of filters, illustrated in Fig. 4a. The first is a plaid signal, similar to the plaid used in experiment
1. The second is a ”planar triplet”, created by adding a component band to the plaid, in the same plane
as the plaid, and the third is a non-planar triplet, created by adding a component band out of the plane
of the plaid. Detection thresholds were measured using the same method described for experiment 1.
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Fig. 4: (a) Threshold SNRs for detecting the three types of stimuli in experiment 2. Black bands indicate
the predictions of ideal summation, based on subjects’ detection thresholds for the component stimulus
used in experiment 1. (b) Detection efficiencies for the three stimulus types. The results show a large in-
crease in efficiency for the in plane triplet over the plaid and a decrease for the off-plane triplet, indicating
increased summation with additional power on a common plane.

The planar power detector model predicts improved summation for the planar triplet, relative to the
plaid, but no improved summation for the non-planar triplet.

Figure 4b shows detection thresholds for the three stimulus types used in experiment 2, along with
the optimal summation predictions. Thresholds for the planar triplet were, as predicted, lower than
for the plaid, while there was no significant difference between the the plaid and non-planar triplet
thresholds. Figure 4c shows subjects’ efficiencies for detecting each of the three signals used in the
experiment. Detection efficiency was significantly better for the planar triplet than for the plaid - im-
plying improved summation for the triplet stimulus. While detection efficiencies for the planar triplet
are substantially better than for the plaid stimulus, subjects’ efficiencies for the planar triplet remained
lower than for the planar stimulus in experiment 1 (Fig. 3). This, again, is consistent with the planar
power detector model, which predicts progressively better summation as signal energy is distributed
more broadly over a plane in spatio-temporal frequency, with ideal summation reached only when the
energy is distributed uniformly over the plane - a stimulus that best matches the putative detector.

Discussion

We can summarize the qualitative results of experiments 1 and 2 as follows: sub-threshold summa-
tion of signal contrast energy improves as the energy is distributed more and more broadly around
different orientations in a plane in spatio-temporal frequency, but does not improve when the energy
is distributed into non-planar regions of spatio-temporal frequency. The lack of summation for non-
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Fig. 5: Threshold SNRs for detecting the five types of pattern stimuli replotted from experiments 1&
2, where Plaid1 in the legend denotes the plaid from the first experiment and Plaid2 from the second.
Plaid1 differs from Plaid2 in that its energy is more diffusely spread over frequency. Black bands indicate
the predictions of a planar filter, based on subjects’ detection thresholds for the component stimulus used
in experiment 1.

planar regions agrees with previous studies suggesting a lack of generic summation for components
moving in opposite directions.14–16 Stated more plainly, detection efficiencies for moving stimuli im-
prove as more orientations are added to a moving pattern , as long as the motion of those orientation
components are consistent with the velocity of the pattern. Of the three detection models proposed in
the introduction, these results are most consistent with the planar power detector model

We extended the analysis one step further by implementing a particular planar power detector and
comparing its performance on the five different ”pattern” stimuli used in the experiments with that
of the subjects. The detector optimally summed energy over the band of frequencies contained in the
planar stimulus from experiment 1 (using a matched ”power” filter - see methods). We assumed that
the output of this detector was corrupted by the internal noise levels estimated from subjects’ detection
thresholds for the component stimulus in experiment 1. Figure 5 shows the model predictions for the
five pattern stimuli used. Given the assumptions built into the model concerning the exact spatio-
temporal frequency band covered by the planar power detector, the match is surprisingly good. That
is, not only do the qualitative results follow the predictions of the planar power detector model, but
the quantitative results are well fit by a pre-defined instantiation of the model (without fitting the
parameters of the model to the data).

Our experiments critically test the predictions of a simple model for velocity-tuned motion detectors in
the mammalian visual system. The model detectors sum the outputs of early motion energy detectors
with different preferred orientations, and whose spatio-temporal frequency bands intersect a common
plane. The result is a family of velocity-tuned detectors that measure the stimulus energy in fixed,
orientationally broad-band, planar regions of spatio-temporal frequency. Such mechanisms have been
plausibly linked to the subclass of “pattern” neurons in the middle temporal (MT) visual area.10 The

7



model may be contrasted with adaptive velocity estimation models that are dynamically tuned to the
spatial orientation content of the image. Our sub-threshold summation results strongly support the
fixed pooling model over adaptive models.

As with all psychophysical studies, we have had to make certain assumptions in order to draw conclu-
sions about the underlying neural mechanisms. In particular, we have assumed that the detection of
single component signals is mediated by the responses of first stage energy mechanisms, but that the
detection of the compound signals is mediated by second stage responses. In addition, we assume that
observers can learn (through training) to attend to the most sensitive mechanism for each stimulus.

Although our experiments strongly support the existence of second-stage mechanisms that pool over
orientation, further processing is required to account for the full range of motion perception phenom-
ena. For example, while planar pooling models are capable of representing more than one motion
in a given local region,10 they are not able to provide a consistent account of whether stimuli appear
to move coherently. Additional computations are necessary to account for such phenomena. Finally,
although our experimental results strongly suggest that pooling over orientation is fixed, they do not
preclude the possibility of adaptive integration over spatial position, time, or spatial frequency (scale).
Adaptive integration over spatial position, for example, would be a useful strategy for preventing the
combination of information across occlusion boundaries. The experiments described herein may be
naturally extended to examine the integration of first stage mechanisms over these other domains.

Methods

Stimuli in the experiment subtended 2.2 degrees of visual angle, had a duration of 0.43 sec, and were
displayed in 12 bit precision on a calibrated gamma-corrected grayscale monitor. Observers fixated a
small black dot 0.2 deg above the stimulus and were given several hours practice for each stimulus type
over the course of several days until performance saturated. Observers were given auditory feedback
after every trial during all experimental sessions. Only one signal type was used in a given 1 hour
experimental session. Average signal energy was varied using the method of constant stimuli. The
average background noise energy was fixed at 0.26 deg2�sec.

Thresholds were estimated from the maximum likelihood fits of two-parameter Weibull functions, for
which the threshold parameter � is a measure of signal to noise power at 81.1% correct for a 2AFC
task. Standard errors were computed from both the Hessian of the likelihood function of the fit, and
using a Monte Carlo sampling method.

The component filter has an amplitude spectrum given by C(!r; !�; !�) = R(!r)j cos(!�)j
9j cos(!� �

!�0)j
9 in spherical frequency coordinates. The frequency radius !r is given by!r =

q
!2
x + !2

y + (!t=2:1)2

(cyc/deg, cyc/deg, cyc/sec). The elevation shift !�0 = 36:9 deg acts to rotate the filter out of the spa-
tial frequency plane into a plane corresponding to a 1.93 deg/sec translation downward. The radial
frequency function R is a smooth box function, whose transitions from 0 to 1 are given by 1/2 cycle
of a cosine function. This function has low/high cutoffs of (0.49,7.6) cyc/deg and the cosine transition
regions have widths of 1.45 cyc/deg. The plaid signal is constructed by adding two component filters,
rotated by +70 and -70 degrees within the common plane. The planar signal is constructed using a sum
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of 10 component filters, rotated by multiples of 18 degrees and constrained to lie in a common plane.
For the second experiment, the filters were modified to decrease the spectral spread. They have the
form BP (!r; wq; !�) = Wr(!r)W�(!�)W�(!�) where Wx is a smooth box function on the variable x.
Wr had a transition region width of 1.45, and low-high frequency cutoffs of (0.49,7.6). W� and W� had
a transition widths of 8 degrees, and the high low cutoffs that spanned 36 degrees. These filters were
rotated to lie in the same positions as the component and plaid filters for the plaid and in plane triad.
The Off plane component, however, had an elevation shift corresponding to a 0.26 deg/sec translation
downward.

Ideal observers for the task are matched filter power detectors.17 Let F (!x; !y; !t) denote the spec-
trum of the signal normalized to one, and N(!x; !y; !t) the (complex) spectrum of the noise. Let
jX(!x; !y; !t)j

2 = X(!x; !y; !t)X(!x; !y; !t)
� denote the inner product of the complex function with

its complex conjugate. Then the spectrum of the received signal jS(!x; !y; !t)j2 is s2jF (!x; !y; !t)j2 +
N(!x; !y; !t)

2 on the signal plus noise interval and jN(!x; !y; !t)j
2 = N2 on the noise alone interval.

The best possible performance can be achieved by computing the energy

E =

Z
jF (!x; !y; !t)j

2jS(!x; !y; !t)j
2d!xd!yd!t

over both signal plus noise and noise intervals and uses the difference of these values as a decision
variable.12 In practice the set of frequencies are quantized, and the integral is computed as a sum over
1:3� 105 frequency samples.

Efficiencies are approximately given by the ratio of ideal to human squared energy thresholds. This
approximation was corrected through simulations of the ideal, and the simulation values are shown
in the figures.

Performance of the matched filter depends on the probability p(Es � En > 0), that the difference in
energies measured by the filter on two intervals is greater than zero. To compute this probability, we
derive an approximate expression for the distribution of Es �En. For the stimuli used, the amplitude
spectrum of the signal S(!x; !y; !t) consists of independent (real and imaginary) Gaussian distributed
random variables at each frequency with zero mean and variance given by either s2jF (!x; !y; !t)j2 +
jN(!x; !y; !t)j

2 on the signal interval or jN(!x; !y; !t)j
2 on the noise alone interval. Now the power

spectrum, as the product of the signal amplitude with its complex conjugate, consists of Chi-squared
random variables with two degrees of freedom (�2(2)) at each frequency, which are scaled by the
squared amplitude spectrum of the signal. Because the energy is the sum of an extremely large number
of �2(2) random variables (one for each frequency), weighted by the product of the filter and the
signal power spectrum, we can use the law of large numbers to generate an extremely good bound on
performance (<< 1% error from true performance). By the law of large numbers, Es �En is Gaussian
distributed, and hence can be characterized by its mean and variance. The mean and variance of
Es � En are simply the sums of the means and variances of the �2(2) variables at each frequency.
Computing the means and variances of the �2(2) variables that have been scaled by jF (!x; !y; !t)j

2 �

(s2jF (!x; !y; !t)j
2 + jN(!x; !y; !t)j

2) on the signal interval and jF (!x; !y; !t)j
2 � jN(!x; !y; !t)j

2 on the
noise interval, and letting FmSn =

P
i jF (!xi; !yi; !ti)j

mjS(!xi; !yi; !ti)j
n, then with a little algebra,

the mean and variance of Es � En are given by: �id = 2s2F 2F 2 and �2id = 8(s4F 4F 4 + 2s2F 4F 2
N +
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2F 4
N

2) respectively. Then p(Es � En > 0) = 1 � �(0; �id; �
2

id), where � is the cumulative Gaussian
distribution.

To compute summation predictions, we modeled component performance as ideal but with the vari-
ance given by �2id+ �2internal, so that p(Es�En > 0) = 1��(0; �id; �

2

id +�2internal). Setting p(Es�En >

0) = 81:1 and plugging in the subject’s threshold into �id and �2id, we solved for �2internal. To generate
predictions, the �2internal was then added to the ideal variance for each of the other signal types, and
a predicted threshold for 81:1% was computed. Predictions for the planar model were generated in a
similar manner. If we represent the planar filter amplitude spectrum as P (!x; !y; !t), then the planar
model computes the energies Epl =

P
jP (!x; !y; !t)j

2jS(!x; !y; !t)j
2 on both intervals. The decision

variable mean and variance are then given by: �id = 2s2P 2F 2 and �2id = 8(s4P 4F 4 + 2s2P 4F 2
N +

2P 4
N

2). Threshold predictions were generated from these expressions using the internal noise esti-
mated from the observer’s component stimulus performance.
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